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real double tangents, besides imaginary double tangents; also iv! real inflexions, besides imaginary inflexions. Then it can be proved by means of the principle of continuity, that the following relation must hold:
« + o/r + 2 /" = £ + r* + 2 //".
This general law contains everything that is known as to curves of the third or fourth orders. It has been somewhat extended in a more algebraic sense by several writers. Moreover, Brill, in Vol. 16 of the Math. Annalen (1880),* has shown how the formula must be modified when higher singularities are involved.
As regards quartic surfaces, Rohn has investigated an enormous number of special cases; but a complete enumeration he has not reached. Among the special surfaces of the fourth order the Kum-mer surface with 16 conical points is one of the most important. The models constructed by Pliicker in connection with his theory of complexes of lines all represent special cases of the Kutnmer surface. Some types of this surface are also included in the Brill collection. But all these models are now of less importance, since Rohn found the following in-
Fig. 4.
terestmg and comprehensive result.
Imagine a quadric surface with four generating lines of each set (Fig. 4). According to the character of the surface and the reality, non-reality, or coincidence of these lines, a large number of special cases is possible; all these cases, however, must be
* Ueber Singularifdten ebener algebraischer Curven und dne neue Curuenspecies> pp. 348-408.
